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The ALC Chern charncter (s a gererafizafion of 14
Classical Chern character ch(V) & TT HX2(X) of a

nzg
Vectol Lundle \/ over X. Before discussing +4his, well
describe an apflication of Ve Jesree 0 pary of b5 Fo
Cherednik alselras.

[ e WE=S,,  h= reflection representation, ceC
' He = SR #CEP]# W
wxw = wix), wywl=wlyl xiv€ b h¥, weld

e

YX-XY = <yx> = 3 € <yet>celix>
B(,": € Hc e p(fg'*
Rak:OHo = Bhyo\yand B, = BG)Y | whre ez %S |
(2) The He are jnteresting aldebres For yany reasons,+hot we won't: mention.
Q¢ When are B., B.: isomorphic o Morit< equivalent<

g

Tm [BECT T c€Q, +heh

@A He and H.r are isomorehic FF c=tc’

B / /o Aeria eQuialnt i ctc ’eZ
€} Be and B are jsomorghic M c=c' or c=-c*/,
(on I !f v Marra equivalert HF Cicez,

We Il Focus on (c).
# [or an qfﬁeif‘ﬂ_ A) Kom) *= Z< prosective- A-medyles >/[P]*[P'1='£

22 Ko(A) =V it (A), = A/TaA]
A /MafAle —> tr(e) ,  Wiere e”ze

Morjte equialence oF Cherednmk aldehras [ Perest, E+insef, Ginzburyt

foP]




The N(C Chern character ‘
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Facts: () folew) = G 2623
B cw mJuca Kol€1) 25 Kol,
(3) eHc — 2 H,-mod — pc—Imod

) 4fm(HHo[ Bc)-—l, Th, (1) #0  For Seperi ceC
(where Tr () : A—> A/[-<1 Is The prosecton)
M’i‘__(l WHo(B.) colerent esheat oyer £Lc],

(H) Bec has a ‘FJ ref. for Imclll/fe/‘/ many < % sSo
Tr(1)#0 for these c.

§) ey pint: %y, (e ) = G, () Thy, (1)
G (x)= JW(Z‘ (I Ffr(f" ) , and

P, T PZ’:: Hcg,’ﬁ

ay equyivaleice

3 Where

Fi‘l‘w {X)

o (x)= T (xts-)
{"r.)-) € %Hﬁﬂ
arasram-Fef ¢

Ln ofher words , £, (Be) and FHi(B.) ‘dontderend oy € i
(6'8”6[\’-“”7)) LLH_ x =/§09 Hﬁo é__“if_;_“{ JGFQ/?J eh o

|Sketch of- prost of Thm (<)*
Suppose ¥:Be <> B, Then

%a(ﬁc _’> HH"(B)
(rmw Grl1€) = Galnd)) Thi,, (1) =
—0 -’;"’—_"’—31%97»6 =c’or c=C*1,

1)

) Kol®) (LeF, (C)j> = z_)’f"(:'o- [e Pr(c)|  For Some [mer)€ 61(49’)
i) Kolbe) > HH(B)  commutes, and i) (17,00 =Tk
Lﬁo(‘f LHH,N

wiere = §rreps oF L«{?

()




NC C/qern character ‘ ‘

&,@E Leday, Cyelic Homelosy
ILILE_Q@‘“/ Chern charactor (aftme c'a;rej

Let A be a Commutative kealselra, M a Prosective module.
DefF:()4 compection on M is @ k-fimear map

Vi e sy — Moy Sakifyng
&) V(xuw)y=V(w +H)" xdw for x EMBQT
we_3r
(;l) The curvature of V Is The resmrickion of 7% 7‘0/14
R:M— M @, 02,

Exdlicity R(xiY)(m) = (% By ~ B = Vi) (1)
tor vechr fiells X,V
Rmk: T M s Fmedwc we can view R as ap eleyeyt-
oF Epdalm) @J}A (important: R is A-linear), and fhere
1S a Hrace map End4 (/MJ —7 /4 (/4/50, coppections eJ\’I'StJ

Thm: Le+ ch (M) := triexp (R) € 7}“

The cla;; of ChiM
Ihss is independent o V and js a c/ofeJ -,Caf‘m A/.co
) chimom’) = chim) + ch(m')

6(1) chimam') = chm cﬁ(/hﬂj

ve. chik (A —>

ExfhcrH‘{ ch(@Pfre) =
versio

1 Z.E«‘f’ CE/VIréq Le an Idempstent, and asume B ck,
Let tz AP A% (a0, 0] = () (m 2, )
Cn (A): A@HH/I t,
X C;tﬁa ‘:nfu ) L(“v; "J"n) :["'J(ﬂanaa ,a:,--','m;-zJ +;=faf{'f{%, e Ay, " )
HAA) = homdesy of +his Comelex

( AJ is & rin 4 }zomomor‘f’é/l‘m
31 Class of trlede —de| € 2\




= NG Chern characky | ‘ @

(#32) Tho: Chiny #4ld) = Hon () d siven by
Chon ()= tr(C)"e®*™) [ [s well-defired and furchrisliny

(here 1el isthe class of éfi@ e for an flemporent- ef/M,-(A))

(215) | RotUince @cah, BAA) =Heuld) f

(@-‘fj (5‘) A very Similar Forrmla defires Chan: /70(4‘% //C;,,(ﬁ)
without assuming QCk, (some rescaling js invaye q/)

(838 () Arther similar formule defines chy+alA=> Heo (A=t
(T +hink, but I didns understand +his ﬁormu/a...) |

(g;;.q) Props KolAY—> HePrld) = K5y (A) is +he classice/
Chern Character; ye +o rescaling (if A commurtive
and @.c k),

RmA: This Is playsible because e +no Formylas in
ved LoxeS are so similals.,




